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1. Aivetat nj ouvaptnon

1 5
f(x):§x3—§x2+6x—4, xeR.

(@) Na Bpeite tov pubuo petaBorng mg f wg mpog x oto onueio xg = —1.

(B) Na Bpeite g Ti£g ToU X 110U 0 PUBLOG HETaBoAng G f, B rPog X eival Setkog.

(y) Na Bpeite tov pubpo petaBoAr|g g kAiong tng f, wg rpog x oto onueio xg = —1.

2. Aivetat n ouvdaptnon

f(x) =e*, xeR.

(@) Na Bpeite tov pubuo petaBoAng tng f wg rmpog x oto onpueio xg = 1.

(B) Na Bpeite v e&iowon g eparttopévng g Cr oto onpeio xg = 1.

(y) Na Bpeite 10 op1o

. e —e
lim .
x—=1x—1

3. Ot Slaotdoeig X Kat y evog opBoywviou petaBdddovial. To x aufavetat pe pubpo
2cm/s xat 1o y eddatoverat pe pubpo 3cm/s. Na Bpeite tov pubpo petaBorrg:

(@) g eppérpou 11 tou opBoywviou,

(B) tou gpBadou E tou opboywviou ) xpovikny otyur) rou sivar x = 6ecm kat

y = 10cm.

4. 'Eva vAiko6 onueio M (X,X3) KIVeltal Katd PAKog g KAPIMUANG y = x° pe pubpo
petaBoArg tng tetpnuévng tou ¥ (t) > 0.
To onpeio M gexwvd ard to onpeio N(—2, —8) kat katadryet ot apyr) 1@V agovev

0.

Y€ 1010 oNPEio TNG KAPIMUANG 0 pub110Gg NETaBOANG NG TETAYHEVNG TOU
onueiou M eivatl tpirtddoiog tou pubpou petaBoAng tng TETRNHEVNG TOU;

(Béua I'3, Eravajinmiucég IaveAAadikég Eetaosig 2020)

5. 'Eva onpeio M(x,y) Kwveitat katd pfikog g KapmiAng y = x°, x > 0 pe x = x(t)

katy = y(t).

Na Bpeite oe mo1o onpeio tng KapruAng o pubpodg petaBolr|g g tetaypévng y(t) tou
M eivat icog pe tov pubpoé petaBoldnig g tetpnpévng x(t), av unotebet 6t X' (t) > 0

yla kafe t > 0.

(Béua I'3, Enavainnukeg IaveAfaducég ESetaoeig 2016)
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‘Eot@ ot éva
néyebog x egap-
Tatat amod 1o t.
Tote x = x(t).
Av 10 X au-
Tavetat pe pub-
1o a > 0, wrte
x’ (@) =Ch
Av 10 X €lat-
Ttwvetat pe pub-
noé a > 0, tote
x'(t) = —a.
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10.

. 'Eva onpueio M(x, y) xwveitat katd prkog g kapmudng y = x2, x > 0 pe x = x(t)

katy = y(t). Kabog 1o onueio M mepvdet arno 1o onpeio A(2,4), n tetunuévn tou
edattwvetat pe pubpd 3em/s.

Na Ppeite tov pubpo petaBoArig g tetaypévng v tou M ) xpovikr) otiypr) rou
riepvast ano to A.

. '‘Eva onpeio M(x,y) xwveital katd prkog g kapmdng y = x> + 1, x > 1. Tnv

XPOVIKY) outypr] to Kata v oroia to onpeio M Siépxetal and to onueio A(3,10), o
pUb66 petaBoAng g tetunpévng tou onpeiou M eivar 2 povadeg ava eutepodlertro.
Na Bpeite tov pubpo petaBoArig tou epbadou tou tpiyovou MOK 1 xpovikr) ouypr
to, omou K(x, 0) xat O(0,0).

(Béua 4, IaveAiabikeg E¢etaoeig 2019)

. 'Eva onpeio M (a, f(«)), pe a < 0, xwveitatl otn ypadikr) napdotact tg ouvaptnong

f(x) = T O pubpog petaBoAng g TeETUNPEVNG tou onpeiou M divetat amoé tov
—X

TiIo

H epantopévn g ypadikng napdotaong g f oto onueio M tépvet tov afova x'x
oto onueio B.

Na Bpeite tov pubuo petaBoAr|g g tetpnpévng tou onueiou B ) xpovikr) otypn
tg, Kata v oroia to onpeio M éxet tetpnpévn —1.

(Géua I4, IaveAdadikeg E€etaoeig 2020)

. 'Eva onpeio M(x,y) pe > 2 xwveitat katd prikog g eubeiag y = 2x — 2..

Eoww E 10 epBadov tou tpryovou MKT, érou K eivat n ipoBoAry tou onueiou M
otov dgova x'x kat I eivat 1o onpeio pe ouvietaypéveg (2,0). Tn xpovikr) otypr) to
Katd v oroia to onueto M &iépxetat ano to onpeio B(3,4) o pubpodg petaBodng
NG tetpnuévng tou onueiou M eivat 2 povadeg ava deutepodlertro.

Na Bpeite tov pubpo petaBolng tou epBadou E 1 xpovikr ouypr to.

(Béua I'3, IlaveAfabikég Eéetaoeig 2022)

Aivetat ) ouvaptnon f(x) = €. H epartopévn g ypadikyg napdotaong mg ou-
vapwmong f oto onpeio g A (x, f(x0)) iépxetat and mv apxr) wv agovav O.

(@) Na Bpeite 11g ouvtetaypéveg tou onpeiou A kat v egiowon g eparttopévng
g ouvaptnong f oto A.

(B) 'Eva onpeio M(x,y) xwveitat katd pnkog g kaprnuing y = f(x).
Tnv xpovikn otuypr to xkatd v oroia to onueio M diépxetat ano to onpeio
A, o pubnog petabodrg g tetunuévng tou onueiou M sdattoveral pe pubuo
3 povadeg ava deutepoAertto.
Na Bpeite tov pubpo petaBolng g tetaypévng v tou M ) Xpovikr) oTiypr| rou
repvdet arod 1o A.

"0 Apxwundéng 9a puvnuovevetat, otav o Awoxuiog 9a éxet Eexaotel, yiati, eva oL yADdooeg

nmedaivovv, ot padnuatikeg 18eeg eivat S1axpovikeg.
Godfrey Harold Hardy, 1877-1947, AyyAog pabnpatukog.
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