Mabnpatuxa I[IpooavatoAiopou B Aukeiou Teviko Aukelo Orpag

EnavaAnmukeg AoKNoelg
11o ®uAdo Epyaociag

Kabnynmg: Nikodaog A. Katoinng

Ayannia pov maidid, ol TaparKdi® AoKNoelS EXOUV ®¢ OTOXO VA amoTEfE00UV Uia agopun yla
EMAVAnyn 1oV eVOTHTOV TOU Exete H1adaydel UEXOL ONUEQA.
Kamoteg and tg naparkdateo acknoeglg sivat 9éuata-sparmuata and v “Tpanela Osudatov” tov IEITL
Na mpoomadnocte va AUVOETE TI¢ TAPAKATI® AOKNOE, APOU MPOTA UEAETNOETE TG ONUEIDOES TOV
terpadiov oag. Kain dvvaun!

Epowtrjosig Zwotov-Aadoug
Na xapaxkinpioste kaBepid amo 11§ NAPAKAT® MPOTACELS WG Lot (Z) 11 Aabog (A).

(a) Avo avtiBeta Sraviopata €xouv aviiBetoug ouviedeoteg Hieubuvong.

—

®) Av%<(o‘2,5)<7r,tétao‘2-§< 0.

(v) Av woyvet @] = )\\5 A € R, tote unoyxpewtikd @ || B.

(6) Av @, 3 opdppona, e @ - 5 = |al - |3].
(€) Ta avtiBeta dravuopata £xouv ioa perpa.

(§) Av det (3, F) etvat n opidouoa twv dravuopdrev o, F TOTE 10XUEL 1] 1000U-

vapia: o I ? < det (3,?) =1.

(@) T'a onowadnnote diavuoparta @, 3, 1oxvet ot |+ g’ < l|al+ ]g]
() Ta orowdnmote Sravuopata &, 3, Wxvet 6t | - g! =ld| - \5\

(9) H subeia ue egiowon Ax+ By + ' =0, pe A # 0 4 B # 0, sivat napdAAnAn oto
diavuopa § = (B, —A).

(1) Ot gubeieg pe elomwoelg © = 5 katr y = —1 eival kaOeteg.

(1) H eubeia mou 6iépyetatl amd to onpeio A (o, 8) xat eivar mapddAnin otov x'x
£xel eglowon x = a.

(18) H eubeia rou Siépxetal amo v apxr] v aiovev Kat £xel ouviedeotr] Sievbuvong
A €xet e€iowon y = Ax.

(y) Oteubeiegy = 2 kat y = 2x eival mapdAAnAeg.

(18) Heuvbeia e : y = k2x + 2, k € R — {0}, oxnpatidet apBleia yovia pe tov d§ova
x'x.

(1€) Av A? + B2 — 4T = 0, t6te 1) e€iowon x? + y? + Ax + By + I' = 0, napiotdvet
£€va povo onpueio.
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Aoknoeig
\ - z e 1o > I 2
1. Ta ta dwavvopata @ kat f woyxvet ou @] = 2, |B] = 1 xa (&, 5) = 5 tow
davuopata U = 24 + 48 ka1 vV = a — S.
(@) Na unoAoyioste to @ - 5. (8) Na uroAoyioete 10 x € R, wote ta
(B) Na unodoyioete 1o U - V. Savuopata V xat w = xa + S, va
. , = eivat kabeta.
(y) Na vrnodoyioete 1o ouv (U, V).

2. 'Eoww ta diavuopata &, E yla ta oroia 1oyvel OttL:
=1 |f=2 xaal(a+5).

(@) Na arobeigete ou & - E = —1.
(3) Na unodoyioete ) yovia tev Siavuopdtov @ Kat E .

(y) Na uroloyioete to pérpo tou avuopartog & + E .

3. Tto napakdre oxfua divoviat ta onueia O(0,0), A(1,v/3), B(v3 4+ 1,v/3 — 1).

(@) Na Bpeite v eCiowon g gubeiag
OA kabmg kat 1 yovia w mou oxn-
patidet pe tov dfova x'x.

(B) Na Ppeite v etiowon g gubeiag A
AB kabwng kat ) yovia ¢ mou oxn-
patidet pe tov dfova x'x.

(y) Na deigete o 10 piyovo OAB eivat =
opBoycvio kal 1000KkeAEG pe A =

90°.
V3-—1
V3+1

(8) Na beitete o e15° =

4. Aivetat n egiowon
2e+y—2+ ANz —y+5)=0, 6mou A € R (1)
katn eubeia ¢ : 2x —y + 11 = 0.

(@) Na arobeitete 6n yia kabe A € R 1 e€iowon (1) napiotdver eubeia ypappr).

(B) Na arobdeiete o1 0Aeg o1 eubeieg mou mapiotavel n egiowon (1) digpyxovratl arod
10 1610 onpeio, Tou omoiou va Ppeite TI§ CUVIETAYHEVES.

(y) Na Bpeite v eubeia € mou opiletal and v e§iowon (1) kat eivat mapdAAnin
otnv eubeia C.

() Av e : 2x — y 4+ 6 = 0 va unodoyioete v anootaoct 1V apdAAnAeov eubelov €
kat C.

5. Atvovtai ta onpeta: A(2,1), B(-3,2) xat I'(1,-3).

(@) Na amobeitete 6T ta onpeia opidouv piywvo kat va Bpeite 1o epBadov tou.

(B) Na Bpeite tnv anootaocn tou onueiou I' anéd v misupd AB.
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(Y) Na Bpsite v €iowon tou neptyeypappévou KUKAoU tou tpryeovou ABI.

6. Avo owiopoi A ka1 B Bpiokovtat oug 9éoeig rou opidouv ta onpeia A(—1, —2) xat
B(3,1). E§otepird tov oKlopmv urdpxet eubuypappog 8popog pe e§iowon 0 @ x +
y—1=0.

(@) Na Bpeite os mowa 9¢on tou 6podpou § :
i. O owkiopog A €xel ) miKkpOtEpn andéotacn amno tov 5pépo.
ii. Yriapyet 1o Kévipo Yyeiag g reploxrg, av ival yvootd 0Tl 10anexel ano
T0Ug dUOo 01K1O110UG.
(B) Na Bpeite ) 9¢on I' evdg autokvijtou nidve oto §popo, av eival yvooto, ot 1o
£pBadov tou tprymvou rou oxnuatitouv ta onpeia A, B kat I eivat ico pe 8.

7. 'Eoww (€) 1 gubeia mou Sigpxetatl ano ta onpeia A(4,0) xat B(0,4) xat (§) n subeia
rou Siépyetat and v apyxr O v afoévev kat sivat kabetn oy (€).

(@) Na arobeitete ou 1) e§iowon g gubeiag (€) eivar z + y = 4.

(B) Bpeite v e§iowon mg eubeiag (9).

(v) Bpeite g ouvietaypéveg tou onueiou toprig M tav eubewov (6) kat (e).

(6) Bpeite v e§loworn tou kUKAoL 10U £xel Hidperpo 1o eubuypappo prpa OM.

8. Atvetat o kUxAog pe e€iowon C: (z — 1)% + 2 = 2.

(@) Na Bpebouv o1 e€lomoelg Tav edpartopévav tou KukAou C ot oroieg eivatl apdd-
AnAeg otnv euBela n :y = + 1.

(B) Na e&etdoete mota ano tg eubeieg rou PpriKate OTo MPONYOUHEVO epATNHa ivat
eparttopévn tou kukdou C' @ (z — 6)2 + (y — 1)? = 2.

9. To révipo evog kUkAou C Bpioketal oto mMP®TO TETapPTnuéplo Kat eival onueio g
gubeiag € : y = 2x — 1. O kurAog C éxe1 axtiva p = 3v/2 katn eubeia ¢ : x+y—2 =0
e@dretal otov KUKAO oto onueio A.

(@) Na arobeigete ot 1 e€iocwon tou kuKAou (C) eivat (x — 3)% + (y — 5)2 = 18.
(B) Na arobeitete otu:
i. H efiowon g eubeiag KA eivainx —y +2 = 0.
ii. Eivat A(0,2).
(y) Na urodoyiotei 1o epBadov tou tpryovou AAM, o6mou M kat A sivat ta onpeia
topng g gubeiag (€) pe tov xkukdo (C).
10. Aivetat ) e€iowon
(x— 12+ (y+2)?*=2(x+3). (1)
(@) Na 8eigete 6u n e&iowon (1) napiotdver kUKAO pe kévipo K(2, —2) xat axtiva
p=3.
(B) Na &eigete 611 1 apxr) 1oV a§dvav £ival E0MTEPIKO ONHIEI0 TOU KUKAOU.
(y) Na Bpeite v e§iowon g eubeiag (€) n omoia tépvet tov KUKAO oe §Uo onpeia
A ka1 B dote n apxn) tov advev va sivat to péoo tng xopdng AB.
(8) Av 1 gubeia (€) Tou mponyoupevou gpatrpatog £xet e§iowon y = X tdte va Bpeite
10 £1Bado tou tpryovou KAB.

Kao Iaoya!
Evxopai 1o ‘Aylo Pag ¢ Avaotaong va eotioet g {WEG oag Kat
va oag xapiost vyeia, yapa kat evtuyia!
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