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H 'Evvouwa ing IMapayoyou
[Tapdywyog Zuvaptnong-Kavoveg IMapaywyiong
100 ®uAdo Epyaociag

Kabnyntg: NikoAaog A. Katoirning

1. Na e€etdoete av eival napaywyiotpeg oo xg = 0, 01 MApaAKAT® CUVAPTHOELS:

(@) £(x) = [x|npx
®) gx) =x*—[x|+1

— 1

H f elvat
Tapayeyiotn
oe éva onpeio
X0 tou mediou , , , , , ,
omopot g 2. Aivetat ouvaptnon f oplopévn oto R yia v omoia 1oxvet 6t
av Kat povo av
UnApxet 10 6p1o
e | lim M 9
x—=rxQ X — X X—)SQ/ 2 _ —

Kat etvat mpay- 0 X 2
HATKOG
apopog.

1
2
) £(x) :{ X, avx #0

0, avx =10

Av 1) f eival ouvexnig oto xg = 3, va arobeifete ott:

(@) £(3) =0 (B) '(3) = 3.

3. 'Eotww n ouvexng ouvaptnon f: R — R n ornoia yia xdbe x € R wavorotet ) oxéon
2xnpx < xf(x) < qu’x 4 x2.

Na arobeigete ot:

(@) £(0) =0 B) £(0) = 2.

4. Eow f: R — R n onoia eivat napayeyiomn oto 1 pe f(1) = 2 xar {'(1) = 1.
Na Bpette 1o 0p10:
f(x) — 2x?
Jim 109) = 27
x—1 x—1

5. Aivetal nj ouvaptnon

®sopnpa oed.99

Av pia ouvaptn-
on etvat mapa-
yoyiown oe éva

onpeio xg TOU
niediou opiopo-
U g, tote gival
KAl OUVEXNG OF

f(x) = x> —x+a? x<1
] 2a%, x>1

Na Bpeite 11§ TIHEG TOU MPAYHATIKOU aplBpol « yia Ti§ Omoieg 1] ouvaptnon sivat:

EED

Av pa ouvap-
wmon f 8ev e-
ivat ouvexng oe
éva onpueio xq

o e (@) ouvexng oto xg = 1 (B) mapayeyiomn oto xo = 1. oo e, sone
Sev eivatl mapa-
yf.)yimur] oe zu-
6. Na Bpeite 11§ TIPEG TV TIPAYHATIKGOV aplOuov a, f yid 1§ Omoieg ) ouvaptnon o
N—————
-1
= B
x*—x+1, x>-—1
etval mapaywyiown oo xg = —1.

7. Na Bpeite mv egiowon g eparntopévng g ypadikng napdotaong f(x) = xt + x,
x € R, n omoia eivat:
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‘Otav 1 ouvap-
mon f  eivar
napayeyiomn
o X(Q, TOTE
1 egartopévn
mS  YPAPIKNG
Iapactaong
mg ouvaptnong
f ot onpeio
Alxo, £(x0))
eivat n eubeila
ne e&lowon
y — f(x0)

= £(x0) (x — x0)-

—_—

Inpeioon

C¢  egartetat
wu x'x av
noévo
UIAapxet

xo € D¢
1010, Wote
f(xp) = 0 kat
' (x0) = 0.
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15.

16.

(@) mapddAnAnomve:y =x+ 2, (B) kabetn otnv n : x + by = 0.

X

e >1
x+1’ x

Aivetat n ouvaptnon f(x) =

x> +1, x<1

(@) Na Bpeite tnv ouvaptnon f'.
(B) Na Bpeite ta onpeia g ypadikrg apactaong tng f ota onoia n eparttopévn

eivat mtapdAAnAn npog tny gubeia y = - + 2026.

Na Bpeite Vv eSiowon tng eQpantopévng g YPAPIKLG apdotaong g ouvAaptnong
T
f(x) = xe* + x, x € R, n orota oxnuatidet pe tov dgova x'x yovia w = 1
Aivetat nj ouvdptnon f(x) = Inx, x > 0.
(@) Na Bpeite v giowon g epartopévng g ypadikng napdotacng wmg f oto
onpeio mg A(1,0).

(B) Na Bpeite v ediowon g ePpartopévng g ypagikng rapdctaong g f n
oroia iépyetat aro to onpeio O(0,0).

(y) Na Bpeite ta 6pla:

.. Inx . Inx-—1
i. lim ii. lim —.
x—=1x—1 x—e X —e

3

Aivetat nj ouvdptnon f(x) = x° —x, x € R ka1 n eubeia (€) pe edlowon y = 2x — 2.

Na arobeiete ot:
(@) n eubeia (€) éxel akpBog uo kowd onpeia pe ) Cy,
(B) n eubeia (€) eparttetat o Cr oe éva and ta napandave onpeia.

Na e§etdoete av ) eubeia € : y = bx — 10 egarttetat o ypadikr napdotaon g
ouvdptnong f(x) = x* — 7x + 6.

Alvetat 1 ouvaptnon f(x) = (x — 2)In(x — 1), x > 1. Na anobeifete 6 n Cy
epdretat otov afova x'x.

Na arodeifete 6t §ev unapyxouv onpeia g YPAPIKrG apactacng tng ouvApTnong
f(x) = e*, x € R, ota oroia o1 eparttopéveg ubeieg va eivat petafy toug rapdAin-
Aeg.

Aivovtat ot ouvaptrioeig: f(x) = x% + 6 karg(x) = —x2 +4x + 2, x € R.
Na Bpeite 11g Kowvég epartopéveg v Cr kat Cg.

Aivetat n) ouvaptnon f(x) = x3 + x, x € R. Na arnodeiete 6t untdpyet xg € (—1,2)
€010, Gote 1 eparttopévn g Cr oto onpueto g M(xo, f(x0)) va digpxetat aro 1o
onpeio A(1,0).

“Ta Madnuatikd, Teploootepo ano onotadnmote AN €xvn 1 emotnun, eivar éva tayvidt

yla veapn niwcia”
Hardy, Godfrey Harold , 1877 — 1947, ‘AyyAog pabnpatikog.
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Znpeioon

H evbeia €
y = Xx+ B8
epareTal  mg
C¢ oo xowo
ToUg onpeio
A(x0,y0) av
f'(x0) = A.

e

H eubeia

e : y =
ax + B sivat
eparttopévn mg

C¢ av unapxet

xg € Dy
€to10, Oote:
f(x0) = axo + B
xat

f'(x0) = .




