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ouvaptnon

f: A — Rxa
x0 € A. Tote:
H f napovoiaget
TOMKG  péyt-
010 010 X() OTav
unapyet 6 > 0
T€T010, wote
f(x) < £(x0).
ya kabe x €
(x0 — 8,%x0 + 6).
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£Aayioto

o Xg otav
unapyet 6 > 0
o0, Wote
£(x) > £(x0).
yia xabe x €
(x0 — 8,x0 + 9).
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. Na oxediaoete ) ypadikr) mapdaoctacn g ouvaptnong

f(x) = —x241 avz<0
* = (x—1)2 ava>0

Katl va Bpeite 1a 10rmKa akpotata g.

. ®ewpeiote TOV MAPAKAT® 10XUPIOHPO:

'Eva TomiKo UEYLOTO U1ag OUVAPTNONG UTOPEL va gival UIKpOTEPO amo £va TOTKO NG
eAaytoro.

(a) Na xapaxinpioete 10V APATIAV® 10XUPION0 YPAdOovIag To ypdppa A, av givat
aAnOrg, 1 o ypappa ¥, av eivatl yeudng.

() Na attiodoyroste v andavinor oag oto pewtnua (a).

. Bewpeiote TOV MAPAKAT® 10XUPIOHNO:

To pKpotepo amod ta tomka eidylota piag ovvapinong eivar katd avaykn oAiko
egAayioto avtng.

(a) Na xapaxkinpioete tov apandve 10XUPLOHO0 YpAadoviag o ypappa A, av ivat
aAnOrg, 1 1o ypappa ¥, av sivatl yeudng.

() Na attiodoyroste v andavinor oag oto petnua (a).

. Avetat n ouvdptnon f(x) = 2x3 — 3x% + 6ax + 3, orou x € R xat o, 3 € R. H

ouvaptnon f apouoiddet tormiko6 akporato oto onpeio xg = —2 kat givat f(—2) = 98.
Na Bpeite g Tpég tov o Kat S.

. Aivetal i ouvaptnon f mapayeyiown oto R tétowa wote:

f(0) = 1 kat f(x) < e, yua xabe x € R.

Na anodeigete ou f'(0) = —1.

. Av 0 < a # 1 rat oxvet & > x4+ 1, yia ka6e x € R, va anodeifete ot o = e.

. Eow f: R — R, n oroia sivat mapayeyiomun kat tétoia, oote

f(f(x)) = x + 10, yua xabe x € R.

Na arobeifete ot ) f dev €xel akpotata.
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‘Eot® pa ou-
vapton f opt-
opévr oe éva &1-
aompa A.

Av:

n f napouoiager
TOMKO 1] OAl-
KO arpOTato oto
XQ

0 xg eivat e-
OWIEPIKO ONHE-
o tou A kat

n f eivar ma-
payeyiown oto
XQ,

To1e etvat:

f’(x0) = 0.




&

Av ) £/ adddger
PO 0
EKATEPOOEV

wu xg kat 1
eivat  ouvexrg
ot xq, tote n
TIapPOUOIaget to-
KO arpotato
010 X().

Avn f/ Sratmpei
TPOGONOP0 010
(e, %0) U
(x0, B). o
w f(xg) 8ev
givat  toruké
axpotato

mg f kat n f
eivat  yvnoing
povétovn oto

(o, B).
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1
8. (a) Na pedetioete my ouvapmon f(x) = Inx + —, x > 0, g rPog Vv povotovia
X
Kal ta akpotatd.

() Na arodeifete ot n ouvapnon g(x) = e*Ilnx eivar yvnoiog avouvoa oto
(0, +00).

1
9. Aivetat n) ouvaptnon f(x) = E, x € (0,+00).
X

(@) Na pedetyjoete ) ouvaptnon f wg mpog ) povotovia kat ta akpdtata.

(B) Na arobeitete 6t €™ > 7°.

x24+3x —2<x<0

10. Aivetat nj ouvdptnon f(x) = { B3 0<x<?

Optopog
(@) Na amobdei§ete 611 n ouvaptnon f eival cuvexng oto [—2, 2] Kat va Ppeite ta -—~
' ' Kpionpa

Kplo—lpa O-r”’lSICI Ir]g onpeia nag
” ’ 3 v I ouvapmons
(B) Na pedetfjoete v ouvaptnorn f wg mpog v povotovia kat ta akpdtatd. £ Aéyoviat
wa E0RTEPIKA
onpeia ou
niediou opiojou
g ota omoia
4 n £ bev
11. Na Bpeite ta 0Aikd akpdtata g ouvdptnong f(x) = x* —4x+ 1, x € [0, 2]. afftarn ) wew

pndevidouv v
’

(y) Na Bpeite to ouvoro eV g ouvaptnong f.

12. Na Bpeite v T111) TOU TPAYHATIKOU aplOpou «, OOTE 1 OUVAPTNOT)

f(x) = 4x® — 3a*x* —6ax — 1, x € R,

va rapouotadetl Tormko akpotato oto Xg = 1. m

13. Aivetat 1o tetpayeovo ABI'A tou nmapaxkdte oxnpatog pe mieupd 2cm. Av 10 Te- Meavég
payevo EZHO £xet1 tig kopupég tou otig masupég tou ABT'A: B

aKRpPOTATOV
\wag  ouvapt-
ong f eivar ta
Kpionpa onpeia
mg, Kabwg Kat
ta  drpa  Tou
nebiou opiopov
mg eQooov 1)
f opidetar oe
autd.

(@) Na skgppdoete v mieupa EZ ou-
VapTroel 10U X.

(B) Na arobeifete ot 10 guBadov tou
tetpayovou EZHO &ivetal amo v
ouvaptnon:

e ———————————

f(x) =2x? —4x+4, 0<x<2.

(y) Na PBpeite yia moieg upég wou x  (8) Na edetaoete av unapxet xp € [0, 2,

10 epBadov tou tetpayovou EZHO yla to oroio to epBadov f(xg) tou
yiverat eAdx10to Kat yia roteg péyt- avtiotoryou tetpayovou EZHO 100-
oto. Utat pe 40 + 1 cm?.

(Béua B, Enavainruxsg IHaveAdaducég Eéetaoeig 2017)

14. Aivetar 1 ouvaptnon f(x) = Inx, x € (0,1). Na Bpeite 10 onpeio g ypadpikig
riapdaotaocng tng f, aro to onoio av @époupe napdadinlieg eubeicg mpog toug Gfoveg,
10 oxnpati{opevo opboymVIo xel PEYIOTO ePBadoV.

Ta Madnuatka eivar n faocifiocoa 1oV eTOTNUOU.
Gauss, Johann Carl Friedrich, 1777 — 1855, T'eppiavog pabnpatikog.
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